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Goal For G splitexact category K e I Blues cell

Throughout let 6 be a splitexact category
Def EG is the category with objects exact sequences

ASB I c

and morphisms

Ci p cis e

are equivalence classes ofdiagrams
A FA A

it Est
Iz f fppouback

Wehave a map

f 3 e aces

sending the abovediagram to thebottom line For a Gob ace

we write
Ec f c

So a map in Ec is a diagram

i f IIE
In particular Eo sale

E E
Lem f is cofibered

Pt Take a 1s B B c an object in cos de Quoi and
Y C OR D c map in Q e



Then the universal lift of y is the diagram
A c A A

DEB DEB it Remark beforehandwe havechos
for each B o c and

E d p c some pullback
BigD 13l

fi sFor this map fixed the
cobasechange sendsrighthandvertical line to left handvertical line

Consider the action

ex see gees

P A SB I c PAA Po B c

idQ cop

Recall
This is fibrewise writ f

It ae see ago

In general

F X E
what s xx x fibrewise
we earlierdenoted w rut g
ly I q six E

CA F GCF

Ers y B A A 42 Btf F'fat qt 2

my g cotibered ngcofibered

m f cotibered I colibered
Weneed 3 things
1 BECC EA

Proof Let IEEE be the full subcategory spannedby admissible
monies Wehave



g Ble sdCee

A B C A A B

map to uppertwo squares in diagram
Note that g is fully

faithful and surjective on objects
So it suffices to note that

Bsd TE INLsd Te

Nsdesdo
Isd Nlzed

I B Te

I OETe is i ul'd

2 Blue Ed is contractible

Proof Let 8 46 Ed Consider

E x E g

An B se A B d H A A se B g B
o C

Then theinducedmaps
M BEXBE BE
a o o c

endou BE with structureof an A spratt's
man is

homotopyeqand moreover BE is

path connected
thisusesG is split

Wehave that m induces

Tin BE D xTulBq e Tu LBE e

which coinsides with the sod group structure

a b at b n comannHilton argument
Sosuffices a a a for all A

Note that the canonical
n'xD id



gives a natural transformation
y o BLAK id

a a at a

a o Kae Tubb e

3 Foreach 6 coed so in Qce the cobase change

4 E Ee Lug

induces a humptyequivalence on gasifying spaces

Pf First consider

4 0 0200

Eo sd e

G t sdCe es if

AT AxidA
ABA A

Take F CAF BBC and consider

LI b Ee
Acey

Now
Le Eat o it

which we know induces a htpyeg and assing
Spaces but let b Ed is contactible a Ux induces an

equivalence Now consider

9 Coax C

and take

40 R
were X is herp se then



ie Ea Le EC

4 To
Tum KC E BLE XB re

pf f cofibrant no Bf co Bills we can apply ThemB

htpy fibersequence
Blue Ea BLUE'gles IFB Gceop
BEies ie Tes contractible so

the action is invertible so
B Cee cel In B Ace Blues 310

I Kee I B Eid
A


