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Abstract
The discovery of manifolds homeomorphic but not diffeomorphic to the standard sphere in the
fifties sent shockwaves through the world and some mathematicians never fully recovered.

These exotic spheres are cute, but they are best admired in their natural habitat.
We will venture out in the wild and introduce ideas like topological K-theory, Bott periodicity,
the J-homomorphism, and the Adams spectral sequence. Then, we will explore how stable
homotopy theory helps us understand exotic spheres and their connection with the Poincaré
conjecture, the Riemann zeta function, and the meaning of life.
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