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Introduction 
The asymptotic properties of consumption and asset prices when 

markets are complete are well understood. 

If all agents have the same discount factor and beliefs then, regardless of agents’ 

levels of risk aversion, the consumption and the wealth of any agent remains 

bounded away from zero in all periods. 

If all agents have the same discount factor then those with less accurate beliefs 

will be driven out of the market. 
 

We consider an infinite horizon economy with one good, two agents, 

one inside asset and (potentially) dynamically incomplete markets. 

If all agents have the same discount factor and beliefs, there is an endowment 

distribution such that the consumption of one agent vanishes with probability one. 

  In any equilibrium where markets are incomplete forever either (i) the consumption 

of one agent converges to zero or (ii) the consumption of both agents approaches 

zero infinitely often.  
 

 

.  
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Introduction 

(P.2)  Different discount rates: Only the most patient survives  

•  Ramsey (EJ, 28), Becker (QJE, 80), Bewley (JME, 82), Rader (JET, 81). 

(P.1) Equal discount rates: Regardless of the agents’ level of risk aversion, the 

consumption and the wealth of any agent remains bounded away from zero all 

periods. Hence, asset prices reflect heterogeneous degrees of risk aversion. 

  Complete Markets and Homogeneous Beliefs 
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Introduction 
Complete Markets and Heterogeneous Beliefs:  

§  The Market Selection Hypothesis holds (MSH) for a wide class of priors. 
§  Sandroni (ECTA, 2000), Blume & Easley (ECTA, 2006), Beker & Espino (JET, 2011).  

(P.3) On any path ω where some agent eventually makes accurate predictions, 
an agent survives if and only if she also makes accurate predictions.  
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If markets are complete, for a wide class of priors only the 
accuracy of beliefs or discount rates matter for asset pricing. 

Introduction 

  What happens when no agent eventually makes accurate 
predictions? 

§  If on ω the entropy of agent i’s beliefs is smaller than the entropy 
of agent j’s beliefs, agent i vanishes on ω. (Sandroni) 

§  Among Bayesian agents with equal discount rate and priors with 
support containing the true parameter, only those with the lowest 
dimensional support survive. (Blume & Easley) 

  BUT even Bayesian agents (with diffuse priors), cannot 
make accurate predictions!  (Blume and Easley) 

Efficiency or Perfect Competition?        Incomplete Markets 
   

§  Blume and Easley (Econometrica, 2006) 
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Leading example. 
The factors determining survival with complete markets have little 
relevance when markets are dynamically incomplete. 
Neither of the properties (P1) – (P3) hold in one good, two agents 
infinite horizon incomplete markets economy. 

 
On almost every path where market incompleteness is 
effective forever, 

some agent consumes arbitrarily close to zero infinitely often 
(Theorem 1) 
  no agent vanishes in a finite state time homogeneous Markov 
economy where individual endowments  are bounded away from 
0, agents have identical discount rates and beliefs. (Theorem 2)  
  in general, it is possible to find endowment distributions such that 
the consumption of one agent converges to zero. (Theorem 4) 

Methodological Contribution. 

Beker and Chattopdhyay (JET, 2010) 
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Leading Example 
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Leading Example (cont.) 

0 
< 0 

< 0 
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  Neither (P2) nor (P3) hold when markets are incomplete:  
A marginally more impatient agent with incorrect beliefs 
drives the agent with correct beliefs out of the market !!!  

  (P1) does not hold when markets are incomplete.  
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  In every equilibrium of the example,                                                    

  The example imposes a lot of structure on preferences, 
endowments, etc 

  The result does not depend on the structure. 

  The structure guarantees that agent 2 vanishes in every 
equilibrium. 
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  (E1) and (E2) imply that c2,T(ω)           0.        

  In general, if markets are incomplete forever then (E1) implies (E2). 

(E1) 

  In every equilibrium of the example,                                                    

(E2) 

   

         

  It converges to zero if there is ε > 0 such that 
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The General Case: The Economy 
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The General Case: Assumptions 
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Survival 

This is the process we need to study!!! 
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•  Introduce one asset (assume identical discount rates) 
 

Consumption Dynamics I 

Ratio of  
IMRS 
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Consumption Dynamics II 
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If markets are incomplete forever either  
(a) the consumption of both agents is arbitrarily close to zero infinitely often or  
(b) the consumption of one agent converges to zero. 

Theorem I 
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Proof of Theorem 1 (ii) 

Time t+1 t+2 t+3 



21 

When will no one Vanish?- Markov Economies 
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The Dynamics of the Ratio of Marginal Utilities 

   

   

It follows that    
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Economies with Equilibria where Someone Vanishes 
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The Construction 
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Theorem 4 
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When Does Agent 2 Vanishes? 
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Robustness I 
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Robustness II 
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Conclusions 
  On any path on which market incompleteness is effective forever, some agent's 

consumption is arbitrarily close to zero infinitely often and it might even be the case 

that one of the agents eventually consumes zero. 
 

  No agent vanishes in a Markovian economy where individual endowments are 

bounded away from zero and agents have homogeneous beliefs and discount rates. 
 

  In general, homogeneous beliefs and discount rates are not incompatible with 

vanishing consumption. Hence, both the Ramsey Conjecture as well as the MSH may 

fail under incomplete markets. Extreme consumption (and wealth) inequality is shown 

to be compatible with perfect competition. 

  The role played by the heterogeneity of beliefs in determining the survival prospects 

of an agent is disentangled from that played by the market structure.  

  A Methodologial Innovation is introduced: we show how to construct equilibria under 

incomplete markets and to characterize its long run properties. (Theorems 2 – 4) 
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THE END 

 
MANY THANKS!! 
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Blume and Easley’s Example vs This Paper 
Leading Example (end) 

   They have an example where an agent with incorrect beliefs drives 
out of the market an agent with correct beliefs. 

  If agents had homogeneous beliefs, markets would be complete in their 
example. So, their example does not say anything about survival in incomplete 
market economies when agents have homogeneous beliefs. 

  We have some general results for incomplete markets economies.  

  Our Theorem 1 characterizes consumption behavior in one good two agent 
economies with incomplete markets. 

  Methodological Innovation: useful to construct equilibria and to analyze the 
asymptotic behavior of consumption in these economies. It generalizes the 
leading example and applies even when equilibrium saving rates are not 
ordered. (Theorems 4) 

  Our example works even if agents have homogeneous beliefs. 
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Equilibria where Someone Vanishes 

   


